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x—a*

f(X)—7-10(x—4)

. |il‘q 4 =0 PN, Xx=4-1NPXT f (X) D YN (23
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: DYNAN DOYON DY NY (32
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2INANY TIT 992 ,109THN DINN2 NN M) DX IPTL 9-2 MONWA
PSPNONN NNX DI DY NITHN NIAY DNON MY 90N

x> —5x x>2 X% —4x X>2
f(x)= (3 f(x)= (2
(%) {x3—14 X< 2 (%) {x3—14 X<2
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undefined xeZ
[x]sin;zx XeZ
f'(x)=<0 xeZ, xeven (19

undefined XxeZ, x odd

WWW.G00L.co.il 9nNY 103971 23-20 MYNY S IRTINA DONYN NININY

i -1<x<0

X+1

f(x)= u} X #1930 NP X D30 NN N (24
T 3z

tan| ——x | O<x<—

(4 j 4

94 wWww.GooL.co.il 9MNY YD) INT MVIDI KON IIND
© YISO N — N 2ND



GOOL

SN0 Hrawvw2

R1TN

D120 Y LAV - PXPNA 2w MaXT - 7 714

01Myn 101N

4 INPNI OV MmN .1
L0L D3N T LAVYN .2
105 MK NPEPNA HY MO NINON .3
108 NNN NV .4
www.gool.co.il
924

B T



7 P19 GWL 11T VOVN - TPEPND HY MDNT

n'Xpna v maxn

MHNY

N9V 19900 NI NPSPNON M NN IPTL : 6-1 MONYA
:TPNPNON 97 NN DI VLIV ,2-) 1 MONYD

X x=1
£ (x)= 2 _x+1 x<2
) {XZ cet f(x)_{S—x s2
sinx x<0 % x<1
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NNN NPIPNONY NN DY, K SW MaAPN TIVN NPNY TN NN : 11-8 MONVA
X 999 MmN

x?+2x-3 )
- x=1 kx®+x—2 X<2
f(x)= -1 (9 f(x)= (8
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MPNY f+g ONN.NDNINY - NN f-w T (17

NI NN
IX|[-1 |x+1]>4
f(x):{Z |x+ﬂ<4’nn(18
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X 999 NN f(x) NP8PNON (24
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v 2 ¢
3
5
I 7g 2 (-33)a y=—x . (5
.\v"m% b (1L0).2 y=-4x+4 N (6
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t>0 x=t*+1 y=t* .N
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AXE—y? =4 99N Ny (6

.MY0N YNWN NN NDI1INNN N
NNN Y9 5Y NMIVNION NINNN NN TPIIND NINDN DN INSD
.MY0NNN

1’25 191299010 12 S2NN DINNN NX VNIV DN NN .2
DY MOVIVIIONN

32—y =3 nNnwnn N (7
AOVIY IRNYNN NINNND NYINIIP NN N
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y=1-x*,-1<x<1.a y=x-1 x>1.X
2
x2+y—=1,—13xs1,ys0 2
16
2 2 2 L1V
X3+y3 =43 ) (x+4)2+(y7j =1.a y=(x+4)" .N

x2—y?=4k? ) X2 +y?=25 .1 X' —dxy+4y?=2y-1.1

X(t) = /8 cost X(t) = /8 cost
®=+8 T 1<% 4 (=8 0<t<27 .N
y(t)=+/Bsint 4 4 y(t) = /Bsint
X(u,v) =+/8ucosv
(uv) =8 0<us<l, Z<v<T
y(u,v) =~Businv 4 4
x(U,V) = U cosVv
{ V) J8<u<4, 0<v<2r 7

y(u,v) =usinv
.5:0177.(0,0): 99 : X* +y* =25 Yvnn N
x(t) =5cost
{y(t) =5sint
x(u,v) =5ucosv
'{y(u,v) =5usinv

0<t<27z 95NN 5V NMLVNID NIND

0<u<1 0<V<2r 99N BV NMLVNID NIND

5:0P77.(8,4) : 10 : (x—8)* +(y—4)> =25 Yynn

X(t) =8+5cost

’{y(t)=4+53int

x(u,v) =8+5ucosv
'{y(u,v) =4+5usinv

0<t <27 :D2vNN YV NIVNID NIND
0<u<1 0<SV<27 :9MynNHY MIVNID NIND

o OstSarctan(fj 17PN .2
y(t) =5sint 3

X =8+5cost
"|y=4+5sint

{(x, y) | 25— (y—4)* +8< xs\/25—y2} 2

X(t) = 2cost, y(t):\/fsint 0<t<2r
x(t):\/fcost, y(t)=2sint 0<t<2rx '

{x(t) =5cost

4
, T<t<arctan 3 +7 -2 0PN

2 2 2 2 2 2 2
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: X1 = \/E_COSt arctan (—ij <t<arctan (iJ :DA 0NN 2
y(t) =2sint 2 J2
. XV :\/E_COSt arctan(—i}wrgt <arctan (ijwz : BC no»onn
y(t) =2sint 2 J2
X(t) = 2cost
. © _ arctan(\/f ) <t< arctan(—«/f )+7r . AB nYonn
y(t) = J2sint
X(t) = 2cost
: ® _ arctan(\/i)wr <t< arctan(—\/E)JrZ;z : CD nYonn
y(t) = J2sint
D=D,uD,uD,uUD,
D. - x(u,v) = J2ucosv
" | y(u,v) = 2usinv
0<u<] arctan (—ij <v<arctan (ij
2 2
[ x(u,v) =+2ucosv
D3 ) .
y(u,v) =2usinv
0<uc<l], arctan(—ijwz <v<arctan (ijwr
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~[x(u,v) =2ucosv
' y(u,v) =J2usinv
o<u<l, arctan(\/i)SVS arctan(—\/f)wz
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' y(u,v) =2usinv
0<u<l, arctan(\/i)wzSVSarctan(—\/E)+27r
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X ] O<u<l veR 2
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2

2
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.D N¥IAPN OV NVPOILLIWVY .2

f(x,y)=5-%x" -y’ +In(4y-x*) (1
f(x,y):«/x2+y2—4+% (2
X

f(x, y)=1/—x2+y2+1+u (3
X=y

g(x,y) =X +4y +{x-4y (4

1 N 1
Jx+4y  (x-4y

f(x,y)= (5

h(x,y) =yX—+Jy+4 (6

f(x,y)=e” [In 24 Xy -4 (7
X2 +y
4
(X, y) =———— (8
I-[x|-|y]

z(x,y)=|n(x_4y] 9
X+4y

f(x,y)=In[xIn(y-4x)] (10
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1 1 1
+ +— (11
x+4 Jy-1 7

(7292 X PYO DY MY) u(x,y,z) =

(NOTIN/OPTR DVTINOITNIOIND PI) f(X,y) = tan Z (12

arcsm(4x +4y )
(NDTIN/DOPITH DY Y PRONY ) f(X,y) = 2 \2 (3
In(x* +y*-1)

PID MAIVN

D={(X,Y)|%X2£ys\/5—x2} (1
:{(x,y)|x2+y224 x>0} (2
D={(x V)X -y*<1,y=x| (3
%xyn—%x<y<ix} 0
%xyn—1x<y<%x}
x>0

«xw|—4<y<x— X201} (6
D={(x V)| x*+y* =4} (7
D={(xY)|Ix]+|yl<l} (8

{(x y)|—x<y<—%x or ——x<y< xt (9

+ P

D={(x,y)|[x<0and4x<y<4x+1]or[x>0and y>4x+1]} (10

D={(x,y,2)|x>-4,y>1z>0} (11
:{(x,y)eRz\x;eo,y;{ +7zk X keZ! (12

D={(x,y) 1< X’ +y*#2 <4} (13
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DINYN Y 2V PXpna? nan mp

NN YLLIY ,NITHIN DIND INYN ,6-1 MINYA NPIPNANN NNN 9D NAY
L TPNPNON DY NHNI/NANN MNP NN NN IOVIY)

f(x,y)% (1

f(x,y)=Inx+Iny (2

fx,y)=x"+y* (3

fxy)=yl-x"—y* (4
f(x,y)=In(x*-y) (5
f(x,y)= x\/y (6

;121 NP NAN VLAY 10-7 TMYRWI NPIPNAIN NNN 9 N1y
f(xy)=(x-1)*+(y+3)° (7

f(x,y)=¢e" (8
f(x,y)=2Inx+Iny (9
f(x,y) =min{3x, y} (10

: K P2NN P DX IVLVLIY ,13-11 MORYI NPIPNONN NNNX DD N1AY

(k=0,4) f(xy)=(x-y)* (11
(k=0,2) f(x,y):min{y—xz,x+y} (12

X2 +3x—y—3 X2 >
ey Y (13

(k=1) f(x,y)={

—X*+3x+y-3 X<y
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-y x<1
f(X,Y) :{ y MPNPNON NN (14
2x+y x>1
(G y)=0 NANNHIP IR HIVVIVY .N

IPNIP NN F(X,y)=C NANNIP C »OIWIIND A
Y NIPN2 NN P IR

mHayn

.DX¥1931 DXNVYNN DI DY DIDPD INNNN N XDP Po2 *

STV MY DIMIPY = MWTR MMIPY = N0 MNP = NANONP **

NOYD Mvn

SY SN PN R NN, x=0 (1

DYV NOD NURIN WIAIN,x>0,y>0 (2
VNN Yo (3

DAY, Xy <1 (4

y<x* (5

AVOYN NVWNNOINN,y>0 (6
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DINYN N2V v nXpna? nni 'nvvn

MHNY

CF(X,Y,2) =4J4— X2 —y2 —z PSPNON MY (1

AMNX VLIV PEPNAN DY 2 NNIN NVLWN NN INNND

(XY, 2) =24+ X2+ Y7 PSPNON NN (2
AMINAVOVIYY MIPION SV 4 NN NLYN NN INSNH

L TININ YNLVYN NN INYD MNIN NPIYPNNN NNN 9 Ny (3
f(x,y,z2)=4""" N
f(x,y,2)=z—x*-y*> A

X2+2

.f(x,y,z):XZJr22

SPXPNAN DY NNIN INLYN NNX ININD

INPNAN NN (4

(XY, 2) =27 —yP = X% TONPNON NNM (5
NP DY NNIN INVLWN NN INSD

YD Mvn

.2 NPT (0,0,-2) NTIPI2 NMDINY MPLY NP0 O8N (1
.1VN 2995 NNAN (0,0,4) NTIPIA NIV OIVLION PRI (2
DMWN N (3

DVOHN PRIV XN K NnY nown .a

YN 995 NNan (0,0,k) NTIPI2 NIV

Ky novn o»p XD k<0 May (4
0N k=172y.(0,0,0) nTPy k=0 May
LY =N PN OYITIINYOVDON VYN Kk >1 2y
. Z =N PN DY NNV HOVIIN VN 0<k <1 M2y
DVONR VIN K =0 MY SNYP-TN TXIVIIPN K <0 My (5
ANVPAT PRIDIPN K <0 M2y
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MY n”vnn 0°)Nvvyn - Nav)

X
—+

2 2
Yy
a2

2
z
>+— =1 :pxnwn

c

(=3

s MOYHN DN MOPTNNIPI P NYONI DINND : NNON
,a=b=c ox.02apn o0MNMWNI OONNN D) DN T

.02y DN DN DINNN a DT DY N1 HIP)

X2 y2 Z2
—2+—2:—2 :ONNIVN
C

QD
O

J(PUNIN) DTIPY NN XY NN TIND NN
MOYONR DN Xy NWNY DDIAPN DXNYINI DIONNN

DYONMN DY I 0N yZ -1 XZ NYNI DIONNN
PR DNV DAPN DMNWINI DIONNN ; PYRII
M990 ON

AN MNWNY DINNNN VXN DY XIN VNN IO *
.DYOND TN 72D

2 2
X
Xy

7t =1 :pNnwn

QD

DONNMN ON T2 ;NOPON NI Xy NN TN - NN
- XZ NWON OONNN . XY NWND DYIPN DXNYINI
DNMYINI DINNN DN TI) OIAPN DXIY I ON Yz
NOT D930 INNYNM NN . DN DNWN DXIPN
.D9wN 0N YN oannn, X2+ Y2 =r?

YN IPRY MNWND DINNNN VNN DY XN D930 3990 *
590 nxnwna

TINIDNIYN

IIN VIIN

YVIIN D)

258 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN

© PMMYD NN —INM 2ANd



22 P79 G/WL ..N)12D - DNNYN 190N DY NPXPND

2 2 2
X z
—2+y—2——2 =1 :pxnwn
a“ b ¢
DYINNN 0N T2 ; NDOYN NI Xy NN TAND : INN
- XZ YN OONNN . XY NWNI DIPN D3NN

D>5’2PN DNV DXINNN D) DN TI ; MNAIN ON Yz

JON DNWINY
DINNNN SN DY NIN INYP-TN PRIDIAIND 1990 *
.DY1NN MAOY NINVNY

NP -1D PINIINA99D

2 2 2
Xy oz
—+5-—=-1 :pxnwn

QD
O
(@]

DONNM; Xy NN TNN PR 1Y NOWNY : NN
,NOYNN NN DOMNN, Xy NN D¥9Ipn DXNena

; MN2IPN DN Yz -) XZ MWNA D¥ONNN .MOON ON

AON DNYIND DDAPN DNWINI DXONNN D) DN T
DINNNM PN DY NI ONYPI-1T PRI 1IN *
.DIMMNN POV MNVNo

Xy oz
—2+—2:— DNV
c

QD
oy

DYINNM ; (MYRIN) NTIPI XIN XY NN TN : NN
DN POYN DONINN Xy NN D¥9APN DINWNI

DN T2 ; MNIAIV ON YZ -) XZ NN DINNN .MDIN

9N DMWY DYDYAPN DMNIYINL DXONNN D)
DONNNN NN DY NIN YVHND TINRIDIAION 1M *
W29 NOY WaNIN MINVNY
c<0 oxy nYyn »955 NNy NN €>0 ox *

VN 1953 NN TININIAIN

NP =17 4INIDNA99N

VAYN TINITIYD
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12990 PNINAID

2

yA
—y— =— :ONXNWYNH

2
b ¢

SDN| >

DXONN) DMWY N KIN XY NN TNNN NN
DN Xy YN DXD’APN DNV DINNM ; YN
PN PP MNN XYy NYINT SYNv PN ; MNAION

X1 VY NP MNND Xy NN AINNNY DX Y -1

D3 DN T2 ;M ON yZ -) XZ NN DINNN

JON DNYINID DYDAPN DN DIONNN
DINNNN NN DY NIN YVPHNN TIRIDIAION 1IN *
W2 NOY 9NN Mnwnh

Cc <0 oN) NYYN 2955 NN XII19N €>0 DN *
.1V 2955 NN TNIVIANN

MY NPT

L Y
1

300 ©V3.0

2

z=3-x"-y

1,0, 0

X+y+z=1
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23 P19

Gwl ... OV NYXPNS HY MONT MDA

DNINYN Y 2V nXpna 2y 712

mMYNY

:9=1 MONYA MDD NN HNIVN

H 3

. SIn(X
lim (3 y)

x)-(00) X7y

sin(xy — 6)
-2 x°y® —36

arctan(x+y—23)
-2 In(X+y—2)

lim (O +y)In(x*+
o im L (EY)In(E +y)

lim sin(w/x+ 2y —-3)

G- 1) X+2y—3

2x+y-3-1
(xy)-»12)  2X+ y—4

2

Xy-y
X_

(x,li% x=4Jy

_ sin(x(y2+zz))
lim >
(x,y,2)—(0,1,2) Xy

i sin( X2 +y2)

(x,y)—(0,0) 3 X2 + y2

(1

(2

(3

(4

(s

(6

(7

(8

9
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lim|y[ (11

y—0

lim> (13
&

3
lim—Y (15
o 2x° +y°

Xyz
||m#
X%OX +y +Z

y—0
z—>0

(17

lim X~y

— (19
(X,¥)=>(c0,) x + YX+ y

x'+y*

2 2 (21
(x,y)—>(0,0) X + y

2, Eyh

M (23

(xy)>(00) X* 44y
XC+y +7°

m 5 > (25
(y.2)>(000) X“ + Y + 7

GUUL

. IV NPIPNG DY MONY M)

:17=10 NMYNYA MDD DN VN

:25-18 MYNYI MYHN NN HNIIVN

3

lim (18

(x.y)-(00) X2 +y

. SIN( X

lim &
(x,y)—(0,0) ’X2+y2

i 3x% — x? y +3y (22
(x.y)—(0,0) X2 +y?

(20

lim yIn(x*+y?) (24

(x,¥)—(0,0)

MY D997 XNYWA NN MOIY X9NIN 25-1 23-20,18 MONWVA *

: DYNAN DYON DY NY (26

3

XY 5y23n nxavn N
x> +y?
sin(x%y)
lim————~ 50 Nx 1wy, ||m— =1 PN DAY A
5 XY t
e . e -1

lim— 21200 NN VM, lim =1 VPN NDANWD D

xag X~ + y t—0

Yy
~In (x3y +1)
Imo]W 91201 NN navm, Ilm =1 VPN MDA NN T
X—> +
y—0

IRV G0 1N XD VT DNV PNMY NIAVNIIND *
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lim(sin x+cos y) =1 »3 mY7anM %97 N (27
y—0

) Ixirr; X2y =4 >3 NYTHNN 299 1NN (28

y—l

lim 2x%y =8 3 NYTHINN 299 NN (29

y—4

YD Mvn

1 Q4
— (2

1 (3
0 (4
NMOPN (5

(6

(7
(8
0 (9

2120 PNPNAY PR (17 — (10
0(18

0(19

0(20

0(21

3(22

0(23

0(24

0 (25

0.7-X (26

NN NONY (27

NN NONY (28

NN NONRY (29

1
2
2
5
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23 P79 GWL e U NPEPND DY MONN M)

DNINYN 1Y 2 nXpna 2y manxn

MHNY

.(0,0) NTIPIA NVXPNON M NN IPTA 3-1 MONVI

TP 19N NN TPEPNOM NN
MTIPI NONY PPNNY TD NMIN PTINY 1) ONN

sin(x*+y?)

oyt ey )00
2 (x¥)=(0,0)
X +y°

Foy)={x+y’ xv)=00) -,
0 (x)-(0.0)
X’y

f(X,Y)Z Xty (X,Y)i(0,0) 3

(xy)=(0,0)

.(1,4) DTIPI NPIPNAN MY NN IPTA 5-4 MONYA

-4
f(xy)= (x—1)2+sin2(y—4) (xy)=(14) 4
0 (xy)=(14)
D4
{ (xoy) =) (e rsint(y—a) YV FE
0 (xy)=(14)
MY (xy)2(0.0)
Yp m N, f(xy)=4x +5y N (6

0 (xy)=(0.,0)
ITPYNID NN TPNPNAN M DY DYDY PN NIY
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23 P79 val e U NPEPND DY MONN M)

NP IIPND NMPRY , f = f(X) NYINT VRN MNPN MM (7
X2 —4y?

f X,¥)#(0,0

s e | ()=(00)

0 (x,y)=(0,0)

1(0,0) NTIPIANDNT g TPPNON DN

NYITN MIPNS TN

s TIN2N MIYOLN NN I1DMN NI (8
Y 990 Iirrg f(xy)="f(0y) ON

, X 990 Iylgg f(x,y)=f(x0) on

leirog f(x,y)=f(0,0) W
y—>

(%, y)999 | f (X, y)|<sin®(x‘ +y*) mo»pn f(x,y) mspns (9
.(0,0) NTIPIA NDXNT TPIPNINY NN

TINPNANY NN DY (0951 ON) k W12aPN DY TN NN TN NN (10

Xyz
—— (X¥.2)%#(0,0,0
12NN 992 NN N f (%, y,2) =4 X + Y+ 27 (xy.2)#(0.0.0)

k (x,y,2)=(0,0,0)

D P (11
Ly Mnwnn 292 WD o) | f(xY,)— FOGY) K Y, -y, | ©pnn x 935
O NN 292 oW NIN) | f (%, Y)— F(x,Y) IS x —x | ©»pnn y 535
NYNN D1 N9NT f(X,y) M INOMN

£ 125990 N NN (12
NWINN 992 NN (X, y) 2 N

f(x.y)

2= Jx=y)? ~100

.z2(L,14) <0, z(14,2) >0 > N1
.2(c,,¢,)=0-v 75,(c,,c,) NTIPINNDMP z S¥ NITINN DINNI IN

NYIN NIPND TN
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NOYD Mvn

9N PN PPN, £(0,0) =1 TN DX NN XY I¥pNoN (1
DN TPNPNON (2

22123 5952 1D PN NN NN TPNPNON (3

DN INPNON (4

.912) 5952 N0 PR NN ND MISPNON (5

9N NY PPN M<L Ay, NN 7PNPN9N m>1 My (6
9N KD P8P (7

N0 MONY (8

N0 TORY (9

k=0 (10

NN NONY (11

NN NONY (12
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M212x - NINNOPN
X — —00 Xx—0 X —>00
X —o0 0" 0 0

y=¢" e” =0 e’ =1 e” =
y=Inx - In(0") = -0 In(e0) =0
y =arctan x atan(—o0) = —— atan(0)=0 atan(oo) = —
y=a“,a>1 a”=0 a’=1 a” = oo
y=a‘,0<a<1 a” = a’=1 a” =0
y =sinx - sin0=0 -
y =CosX ——= cos0=1 ___

_sinx 0 1 0

X
_ fanx o 1 o
X
(-3 |
y=|1+=— e (fromright) 1 e
X
1

y=(1+x)* - e 1
Y= o =0 o =
y:ﬁ/; — 0 3/620 %:OO
Defined Limits:
w-0=0m, oo(-w)=-0, wo+o=0, wofa=wn, o (ta)=+w , oo/ (+a)=1o
Undefined Limits:
978’ 00 — 0, 0 0, 100, 00, OOO
0
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NWNI 1TON NMR2N NN

MHNY

NN MINPNAN DY PYNKI TTON NPPONT MITNIN NN H1IIWN 10-1 MONWI

f(x,y)=x’Iny (2 f(x,y)=4x>-3x’y*+2x+3y (1
x’y*(\/y +5In
fO0Y) =(F+y°)-(2x+3y) (@ (f o) F(x,y)= v ({Jy +5iny)
' y*+5y+y’
2_
f(x,y)=sin(xy) (6 f(x,y):X 32y (5
X+Yy
f(r,0)=rcosd (8 f(x,y)=arctan(2x+3y) (7
f(u,v,t) =e"sin(ut) (10 f(x,y,2)=xy’z® (9

2(xy)= In(\/§+\/§) N (11

.x-a—z+ y-gzE 3NN
ox 2

(% y,z):ex(yz—%j N (12

ﬂ[o,_l,lj, ﬂ(o,_l,lj, ﬁ(o,_l,lj yaen
ox 2) oy 2) o 2

120 NN
f=~f(xy) = fxzi:fl; fy:izf2
X oy
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YD MAIvN
f, =-6x’y+3 f =12x*-6xy°+2 (1
5
fy:X— f.=5x'Iny (2
y
y4(\/y+5ln y)
f, =2x—; (3
y +5y+y’
f, =6xy® +12y° +3x* f =6x>+6xy+2y° (4
¢ _ -3x+3y?-2x%y ¢ X2 +2xy° +3y s
Ly ()
f, =cos(xy)-x f,=cos(xy)-y (6
f, = ;2 f, = ;2 (7
1+ (2x+3y) 1+ (2x+3y)
f,=-rsing f.=cos6 (8
f =3xy’z° f, = 2xyz® f =y2° (9
f,=u-e" .cosut f,=u-e"-sinut f, =e"[vsinut+tcosut] (10
NN NORY (11
ﬂ(o,—ﬁj =-1 ﬂ(o,—l, —j =-2, q(o,—l, lj =4 (12
ox 2 oy 2 oz 2
150 NYN
fy= i =h f, = q =1
OX Yooy
o’ f o’ f
f=f(xy) = fxx=8X2= 11 yy_W fy
o o ¢
Yoeyax Y awey
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MY TPN N1R2N M)

MHNY

;NN MIIPNAN DY NIV ITO TY NPPONN MININ DD NN HIVN 14-1 MONVA

f(x,y)=4x* —x*y* +4x+10y (1
f(x,y)=x'Iny (2
f(x,y)=x*+y*—6xy (3
f(Xy)=x+y’ +3L-y)(x+y) (4

f(x,y)=xy(x-y) (5

f(x,y)=(x-9)(2y-6)(4x-3y+12) (6
f(x,y)=eY(x+y) (7
fxy)=e™ (X +y°) (8

oy =(x+2y?)e ) (o
f(xy)=In(1+x*+y*) (10
f(xy)=In(x*+y?) (11

f0y) =In({+y7) @2

f(x,y)=sin(10x+4y) (13

f(x,y,z)=xyz (14
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S (xy)=In(xy=x*—y*) My, f, (11) yawn (15
f(xy)= In(x2 + y2) My, f,(11) yawn (16
(% y)=PE+y? My, £, (11) awn (17
X2
f(xy)= N (18
Iny+x
0% f o* f o* f
2 (Le), W(Le), (Le) xawn
PI0 NYYN
fxzﬂ:fl fy:@:f2
OX oy
o’ f o’ f
f=f(xy) = fXX:¥:f11 W:W:fzz
o* f o* f
fxy = =l fyx = = f21
OyOoX oxoy
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NOYD Mvn

f, =—2x*y+10 f, =8-2y f =8x—2xy’+4 (1
f, =—4xy f, =—4xy f,, =—2x°
X4
f, == f,=12x"Iny f =4xIny (2
y
3 3 4
T - F - fyy :_X_z
y y y
f, =3y” —6x f, =6x f =3x*-6y (3
f, =6 f, =6 f, =6y
f, =3y?+3-3x—6y f, =6x f =3x*+3-3y (4
f,=-3 f, =6y—6
f, =x*—2xy f =2y f.=2xy-y*> (5
fy=Tf,=2x-2y f, =-2x
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,(—2,2,-2) N2 Xyz =8 nuwnd Prun NN HY NNNYN IR (2
I NTIPI PNIN NVYNY 2NN YIVNIIN TN DY IRNWYN 1

, X2 +8y2=21-277% nowny pPwnn NN INSD (3
. X+8y+18z =0 7wnd Hapnn

SIVWOD NTIPI PPWNN MR 1vavn X +.JY +4Z =va nowny (4
JNNNN,AB,C MTIPIA X, Y,z DY PN NN TN DT NN
.0=(0,0,0) : oo

.OA+ 0B + OC =a yn
(NPYNN NTIPI2 NN 1R DIYOPN DIIFDY NI NYYND)

.(1,2,-1) NP NN, X°yz +3y? =2xz° -8z nLWNN PM (5
L X+3y =2z =10 7M1 DX TNIN,NNNIN NTIPIA NLWNY 9NN WD

QT2
.Q NTIPIN NN INNN

NNAWN 12NN TN 929 THINND X° —2yz+y° =4 NOYNRNIVIRIN (6
.(L,-1,2) NN NP, X +1=(2-4a)y* +az’ DNOWNN

,C:x=6sint, y=4cos3t, z=2sin5t DIPYY PPUNN WD NXNYN INND (7

1
t=27 mnmpa
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25 P19 GJWL LN DYIVIDOY - MININD NYIPNS

:DXNIN DOPYONIY DY (8
,C: x=x(t), y=y(), z=2z(t) Opy M .X
.DIPYN INNWNI t =t; NIANNN NOAPNNT, P (X, Yo. Zg) NTIPI NN
N> DIPYD 91N NN IXNYI D ININ
. X'(to)-(X—X0)+ yl(to)'(y_yo)"'zl(to)'(z_zo) =0
DIPYD DNINN NN IRNWN NN INSD .2
,C:x=6sint, y=4cos3t, z=2sin5t
.t=0.257 N2 NMPA
Coix=2t+1 y=t*-1 z=t’+t
, MMPY >NY MNNY (9
C,:x=s" y=-s z=s-1
NTIPI2 MONN JPNY I, S NLWN DY NINNNDI NIMIPYN SNV O NNN
XY IVWINI NINSOIN

DIMIPYN NV P TINND NTIPI DN IRYD N

TIIPNN NTIPIA MMIPYN SNWY PPUNN NN INNWN DX INSD .2
DIMIPYN NV Pav

Cix=2t+1, y=t"-1, z=t*+t
,C,:x=5", y =—s, z=s-1 MMmpy viov nmn (10
C,:Xx=U+2, y=u, z=u’-1

NTIPI2 NMONNI INVIDY 1Y, S NLWN DY MINSN) MMPYN YIDY ¥ NN
CXY YN NINNIIN

INIPYN SNV PR IINN NTIPI DX INSD X
1PN 1S NLWNY PEVN NYIN PIAYND 1N DN NTIPIA OXN .2

: DONAN DXOYON DY NY (11

F(x,y,z)=0
, :01‘7”5 POVYNN VN IXRNYNDY NN .N

G(x,y,2)=0
0: P+t-VF(P)xVG(P) NN, 19w P nTipaa
: DIPYY PPUNN WD DRNWN IR INSD, (L-11) NP2 a2

2xz—x’y =3
Xy +y’z=-2
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25 P19 val LN DYIVIDOY - MININD NYIPNS

: DYNAN DYON DY Ny (12

F(x,y,2)=0
, DIPYY Y2071 NN IXNYNIY INIIN N

G(x,y,2)=0
,a(x—x,)+b(y—y,)+c(z—2z,) =0 NN ,PO¥W P N2
.(a,b,c) = VF(P)x VG(P) TWN>
:DIPYD OINDINN NN IRNWN NN INNA , (L,-1,1) DTPI .2
2xz—x’y =3
{3x2y +y’z=-2

.X=ucosv, y=usinv, z=u*+V? Oy r:R* - R mypnon nnm (13
1POUN NN DOP 1NIYY MTIPIN 1IN
(u,v)=(1,0) NTIPI,POUNN NYINN AINNYN NN INYN

NOLYND THINRND ,NTNN NOPND NV INND (14
,X=sinucosv, y=sinusinv, z=cosu
.uel0,z], ve[0,2z] Ty
192770 NLYN NPNAI
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25 P19 GWL LN DYIVIDOY - MININD NYIPNS

NOYD Mvn

3x-6y+2z+18=0 (1
X—y+2+6=0,(-2,2,-2)+t(1L,-1,1) (2
X+8y+18z=21, x+8y+18z=-21 (3
SN NONRY (4

Q(7,-9,-15) (5

NN NORY (6

0: (%Y, z):(3\/5,—2\/5,—\/§)+s(3\/§,—6\/§,—5\/§) (7

3x—6y-52=262 .2 NN NONY X (8

X—2z=1.2 P(1-10) .X (9

.N2.2 LP(R-10) 20 TONN NPV 5AP) .N (10
(x,y,2)=(,-1,1)+t(3,16,2) .a .IN2N NORY N (11
3x+16y+2z=-11 2 NN MONRY X (12

—2x+z=-1  .(0,0,0) vy ,NTPIY> (13

,1 DT 0Y , DV YN BIINY NI, A= n_ _xyz) (14

Al 2 +y?+2°

X4+ yi 472 =1 . Imnonv
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26 P9 GWL LU OY DY TPNPNAY 9IIN) NP

DINYN MY 2 nXpna? 901N NXp

MHNY

,8-1 MYNWA NPIPNOIN NNN 9 M2y
;9N IN DY ,DIOPNT JMN NN NPVIP MTIPI INSD

f(x,y)=8x3+12xy+3y*>-18x (1
f(x,y)=x3+y>-3x-12y+20 (2
f(x,y)=x3+y*-3xy+4 (3
f(x,y)=3x—x>-2y?+y* (4
f(x,y)=e¥>*Y (s
f(xy)=yJx-y?-x+6y (6

2,2
oy =Y @

f(x,y)=e*cosy (8

2=X3+ Y3 =3xy+4 nown Py (9
NOWRY DOPAIRN DIPOWNN DINWNN MINNIYA NN INSD

NLYY N2XNN YTHN NN IAYN ,P7ND 32 JNIY NINMNOT MINN YD Pan (10
SHNN NIN NHY DN

,—2X—=2Yy+z2=0 1wy (1,2,3) nTIiPInNm INP2 ISPN PNIND DX INSD (11
D71 NTMIPIY NP NAIPN NWINN DY NTIPIN NN 19)
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26 P19 GOOL WD Y SY NPT 9GIINY PNYOP

)02 YIND ,D012vN) 1010 I (12
.83 NN D2 NIAVNN NN MDY 63 NXN NIND NIAVNNI TY NN NDY
Q, VIPan NN ,XINA NIAVNND Q, VI AN NN TOIN PNV DN

.Q,=116—-30R, +20R,,  Q, =144+16P —24P, :> by 02 Navnny
DOPNY TN DY, P, -1 B ,02112wNnn >1PNN NX 2P0 MIND NN T8O
Y AN NN NN NN

f(xy)=xt+y +axy DOSPNAN NN (13
JPVIP NTIPI NN (0,0) NTIPINY NN N

a YV DYDY IDON NIY WIAP ,NMIVN NI 1NN NITYA .2
YT 370 ROV IR, 90IN, D120, 01900910 NN /N PYON NN

b 1
90PN O j (24-2x—x*)>dx-w 72 ,b>a ,01900 MW INYD (14

a

OO Mvn

0N (1.5-3) ;99 (-0.51) (1
AN (L,-2) , (-1, 2) ; owoPn (-1,-2) ; oY (1, 2

)
0N (11) ;9918(0,0) (3
99N (-1, 0),(11),(L -1) ; owropn (1, 0) ; owovn (-1, 1)(-1, -1) (4
.0MopPn (0, 2) (5
.DMOPN (4, 4) (6
.0mopPn (-0.5 4) (7
JDPOIP MTMPI PR (8
z=4, z=3 (9

270 2 D20, N0 4 TN, N0 4aM7 (10

-(1/3,473,10/3)9MP2 NP NTIPI .THIN MTN> 1 NI OO»N PNIn (11

.288% Ynopn N1 B =108, P, =12% (12

a>2, a<-2;nYmIMmNY,a=2 a=-27y .2 NN NONY LN (13
DYIPN 2<a<2 ;99N

a=-6, b=4 (14
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27 919 GWL ...7) DINWR N2 TPNPND S NP

DNNa DWian - (DTPNN) DNINYN NAY XpNa 2w nxp

MYNY

:5=1 MONYA NPXPNON DY NHPN MTIPI NN INNND

fx,y)=1+2xy—x*—y* (1

f(x,y)=4—x2+y? (2
(z=f(x,y) ’+z+xy—-2x—y+2=0 (3
f(x,y)=x"-y’-3x*+6y*+3x-12y+8 (4

2 2
(x,y,2>0) f(x,y,z):x+y—+z—+z (5
4 'y 1z

Y =—X2 42X n911199, Y = X2 +1 19119970 1290 PRININSD (6
DT PO NVXY PO ,NIRNYA DY (ANPN) P10 PINA YT WITI DT 90N PINSY *

2 NS Y, (X, V) (%0 Vo) (X0, Yn) ,MITIPY 10N 11-7 MONWA
DIPYN P2 DMIIND DPNINN YA DOV T, Y =h(X) NNxNHn Dpy
290N PN MTIPIN

.(2,2.5),(1,0.8),(3,3.2),(4,3.5) MM May m1, h(X)=ax+b (7
.(=1,2),(2,0),(0,-2) ™YY My TN, h(X) =ax®+bx (8

.(10,20.2),(6,12.9),(4,8.5),(0.5,4) MTPan My m» 1N, h(x) =ax +§ 9

.(4,33),(2,8.5),(0.5,2.3), (1, 4.5), (0.1,90) TP My mx1n , h(X) = ax? +% (10
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27 919 GOOL ...7) DINWR N2 TPNPND S NP

.(1,4.5),(0.5,2.3),(0,0.8), (~1,0.1), (-0.5,0.12) 2y m»7n ,h(X) =ax® +bx+c (11

(XL YD (5, Y0) e (X0 V) s TITIPY 0o (12
WO P2 DYIINN DOPNIND YD DOV 7, Y =ax+b 9w xsn
D000 T MTIPIN
.b=y a May nuNan NN YINY v

, £, =0, f, =0 mxnwnn panan ovapnnn, b - a-w nnb s 124 11 mdxwa : pavn

. 2
.f(a,b)= Z ( h(x)—Y, ) DN DIPRINN MDA NMEPN YW LINHN DIPIHN NN DIN
i=1

YD Mvn

.DMOPN pwnn t K30 (tt) (1
.0MmopPn (0,0) (2

AN (L,2) PP PR (3
A9 (L2) PP PR (4
0N (0.511) (5

0.375 (6

y=0.88x+0.3 (7

=—X"—=—Xx (8
y=3%-3 (
1.5039

X

y =2.032x + 9

y =2.06x +0;29 (10
X
y =1.48x* +2.196x+0.824 (11
nZyixi—ZinXi Zyizxiz_zyixizxi

a= — , b= - (12
s )
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28 P—19 th LLDONYVN MY ‘JW ﬂ’SPJWS ‘J\U ]13’17

(‘'Tan? *2a12) 112°X NNN DNNYN Y 2V dxpna v nxop

MOHNY

S NINN XIDINRD 91902, NPNPNN DY DIIPNM DIPOPNN NN INND §-1 MHNWI
f(x,y)=x2+y* 2x°+3xy=1-2y* (1

f(xy)=x"-vy% X +y’=1 (2
f(x,y)=4x+6y; xX*+y*=13 (3
f(x,y)=x%y; X*+2y*=6 (4

Xy >0 qwNa, max{xy} st x+3y=12 pppnnvyanm (5

PYIN IR IINS N
V2D 97 PINDNAN A

X,y20 IWN, max{2x+y} st JX+\y =9 nopnmmyamn (6
7PYAN NN IS LN
7YY 5973 PIND INAN .2

, X+3y =12 N by MINSIN MTPIN 9o pan (7
I2D0PN MNYY NJAINY 1T NN INYNI

MYTIPIN DROINSD , 2X2 +3Xy =1—2y2 nmipyn Syw MmN 95 pan (8

TPYNIN JPNINY MTIPIN DX POOD1N XN DXPNN THPYRIN JPNINY
A0PN NIN DXPNN

,3X—6Y+4=0 9NN N2 IN¥PN PNIND NN INSD (9
X2 42Xy + Y2 +4y =0 no1nay
|ax, + by, +¢|

Ja?+h?

NI, ax+by +¢=0 W0 (X, Y,) NTIPIN PRI 107
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28 P19 GOOL . DINVUN MY Y IINPNG SV NP

DY NP Y ) DDA VP X IV INP OV (10
AU(Xy)=Inx+Iny >m 5y mnny, (X, Y) 5900 N80 nONN

DY 2 NPIY P PN ,NTY 1 DMNBTN MR PN
,In16 NOYIN NN PYND INSYD YAIP POWIN
JPONDIN MDY NNT HPUND 1INIYND NI

JVOUNN MY NN 1IN IND)

DVIVY WPy ) DNAIN WP X PV INP NT (11
AU(X, Y) =Xy >0y nnm (X, Y) DON N8N NN

DY 3 NPIY VP PN DY 1 OMNBDN MR PN
N7Y 12 DY SPN NTH
2T YA NN NN IND)

X2+ y? =13 2o, (y) ,O0NY,(X) ;100 P2 NN Py (12
(X, y) =4X+6Yy NN »TH
,1IDNN IMPY YY, (X, Y) = (11 ,00N) YD1 NN Wann 27

JONINY NN NN DY NOVIND NN DIPOPND NN
PYAN NN N IND)

Q=K ++L M nrxpag vy (13
.P«=2,B =10n L K 075 onnn
,(K*, L*) NPIN NN WONND XIN 100 NPION NN INSNDI 1IN

.MOYN NN DI NX2NDN
(MMNA5 XD) YINON MY NN IND)

~max{u(x,y)} st. px+p,y=1 NIDX NNN NP NMya mn) (14
PYN DY ODNIP 280 NNIND I .7YIAN DY PINN NTIP) (x*, y*) N

U +y

X- -u
PYIAN OV PNINN NTIPIA A = fy D»PNR A IR D9 IO
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28 719 Gwl L DINVN NV HY DNPN0 SY NP

NOYD Mvn

max (+1,71) min(i 1/7,1\/1/_7) (1
min(0,+1)  max(+10) (2

max (2,3) min(-2,-3) (3
max(+2,1)  min(+2,-1) (4
max(6,2) (5

max(9,36) (6

(6,2) (7

max (+1, ¥1) min(J_r 1/7,+ 1/7) (8

71345 (9

min(\/ﬁ,\/g) (10

max(6,2) (11

max(2,3) (12

min{2K +L}; K ++/L =100 (13
N2 NONY (14
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29 P19 val LANVN VDY DV TPNPND DY NP

DX12°'X NN DMINYN N12Y 2w dxpna 2w nxonp

MHNY

NLYY N2XNN YTHN NN IAYN ,P7NHD 32 JNIY NMMNOT MBNN YD pan (1
SHNN NIN NHY DN

NTIPIY ANV MAIPN MTIPIN NN X2+ Y2 +2% =36 NToN N9 YV INYD (2
.(@,2,2) nmpann amva mpinin mmpan Xy (1,2,2)

:DONIN DPYON DY NY (3
MNNY (1,2,3) NTIPIND TN IXPN PNINN NN INSD LN
—2X—-2y+2=0
NP2 NP NONY , —2X—2Y+Z =0 i Dy NTIPI INYD .2
.(1,2,3) nmpd

2 PNIND TNDNN NIIYA PHINN 2N YT DY NNIWNN DX IPTL )
YN0 NP

JPWNIY NP MDIPN 22 = XY +1 nownn Sy MTPIN NN INSD (4

2

X
ot Y2+ 2% =1 PRIDDOYRNNI AN YOPN INP2 DYTHIN PNIND NN INSD (5

MR (X, Yo, Z) NN PR a0 . 3X+4Yy +127 =288 Mvond
| ax, +by, +cz, +d |
\/a2 +b% +c?

N, ax+by+cz+d =0

2230 TIIINN 22APNNN DIPYN 12 300P0PNY M1 PRIV INYD (6
DV YR PAY Z=X+Y Nwnm X2 +y? =1

PRIDDOND TINNN DAPNNN DIPYN 12 2900090 Y1010 PNININSND (7

2 2 2
X* y° oz
DPNNTPURI PAY , Z =X+ Y NV TJF?JF% =1

NAVYN NYH

DMOPIDY DNIPIVN NXP NTIPI NN TPVIP NTIPIY DIPYON NN ,NT PI192 DIDMNINN NN NN
IN,TIHAMNA AHIND MBTPNN NPLHNN OIT PY .APYYN NPYIL 121TH NPT ,DIIVNIN N
ST NPANDN ,TION NITOI 11T JMNX TH97 1M KDY INKD
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29 P19 GWL LANVN VDY DV TPNPND DY NP

NOYD Mvn

70 2 7N 010 4 TIN N0 4am (1
,(2,4,4) NTIPIN NN ANV NDPN NN (2
. (=2,-4,—4) TIPIN NN ANV NPININ NTIPIM
[ [

NN M 1 RN IDDPD PRI N (3
C(%,%.,9%) NP NApn NN .2

(0,0,1, (0,0,-1) (4

L3292 NP TIIRN PRI . 5%, NP INPN PPN (5
A3 90PN PRI L1990 PRI (6

.10599°0p0 PRI ., R PRI (7
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30 P9 val U0 VA TPNPND HY VIMN NP

NNIDN NP NX1APA — DNINYN YA NXpNa 2v v2mn 1xXp

MOHNY

2V VOMNN DN NN VINNN DIOPNN IR IIVN (1
,2IMON OINNN NN R AWRD R oInna (X, y) =3xy—6x—3y+7

.(0,5),(3,0),(0,0) on »MpTIPY YWN NI

Dv LINNIN DINPHN NN VINMNN DINOPNN NXRIIAVN (2
NN DINNN NN R IWNY R onna (X, y) =x?-3y? —2x+6y
.(2,0),(2,2),(0,2),(0,0) on »71ipTipw M2 nNNa

DV VOMNN DIIPNPN NN VIMNN DIOPNN NN IIAWN (3
X2+ Y2 <4 9yn NN R N0 R onna F(X y)=x2+2y2—x

DV VINININ DINIPNHN NN VIMNN DIOPNN NX VYN (4
AMON DINNN NN R IWND, R 0nna F(X,y)=X2+y2—Xy+X+Yy

R={(x,y)|x+y>-3, x<0,y <0}

Sv VYININN DINPHN NN VINMNN DIPOPNN NN IAWN (5
ANON DINNN NN R AwNd R 0nna (X, y) = X2 +y?-12x+16y

.R:{(x,y)|x2+y2£1, 3x2—y}

PID MAIVN

=11 09MN DYPN .7 VOMN DMOPN (1

=1 00MN DNIYPN .3 VONMN DIOPN (2

=¥ 09MN DOYN L3, VOMN OOPN (3

-1 09NN DN .6 VONMN DOPN (4

.1-6v10 VOMIN DYPYN .1+610 VIMN DIOPN (5
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31919 GWL W TPII9 MINN - DINTPNN DIRWY

nMIVIP MYPTNNIR

MHNY

: DYNAN DYYON HY MY (1

0P NP (4%} ™MAVYPN NTIPIN NN YO N

020D NP (—1,-1) MIVIPN NTIPIN IR IYPHN .2

: DYNAN DXOYON DY NY (2

0P NTIPY (10,—%] ™MAVYPN NTIPIN NN YPHN N

120 NTIPIY (0,—4) TPIOLIPN NTIPIN DX IPHN .2
P20 NP (-2,2) MIOIPN NTIPIN IR IPHN )

: DYNAN DOYON HY NY (3
PAVIP MOPTNNIPY 4X—X° =1+ Xy IRNVNN NN PO N
PTOIP MOPTNNIPY 1 =-4c0sH INNWNN NN IPHN .2

: DYNAN DXOYON DY VY (4
PN MOLPTNNIPY X* + Y =4y IRNWNN DN IYPON X

PN MOUPTNNIPY X =10 IRNYND NN IPHN .2
I MOPTNNIPY Yy =4 INNYNRD IR PRI )

: DYNIAN DXOYON DY VY (5

DPTOIP MOPTNNIPY =4 INNIVND DN IPHN N

DPIOINP MOPTNNIPY O =7/4 IRNVNON IR IPHN .2
PTOIP MOPTNNIPY r=2c0SH+4siNG NIRIVHN NN IVPHN )
1

PTOIP MOPTNNIPD 6résin@ =4-cosd NRNWHRN NN PO .

303 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
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31999 Gwl .U TPIDN0 MIND - DNTPNN DIRYY)

D MAIVH
(r,e){ﬁ,%”j 3 (xvy)=(2248) x @
(r,e){@%”j 3 (r,9)=(4,37”j 3 (xy)=(5-58) x @

(Xx+2)°+y*=2* 2 4rcos@—r’cos’@=1+rcos@-rsind .N (3
rsind=4 . rcosd=10 .2 r=4sin6 .N (4
(x=1)°+(y—2)*=5 . y=x.21 xX"+y*=4 N (5

6(\/x2 +y° )3~y=4«/x2 +y =X .7
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31999 Gwl W 1IDI9 NN - ©INTPNN DIRWYY)

NYYINYY1 NN

mMYNY
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